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Abstract: Our research focuses on the study of approximation properties for closed
shift-invariant subspaces in Sobolev space. The concept of simultaneous approxima-
tion order, developed by K. Zhao in [1], is a key focus of this research. The notion
of simultaneous density order is introduced, which is motivated by the definition of
density order. The classical notion of approximate continuity point is needed to char-
acterize simultaneous density order.
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